In [ll],p-injective modules are introduced to study von Neumann regular rings and associated rings. In [13] , this concept is weakened to Y J-injectivity. Recall that (1) A left A-module M is p-injective if, for any principal left ideal P of A, every left A-homomorphism of P into M extends to A;
Injectivity and projectivity, together with various generalizations (including p-injectivity) are considered in [9] . The bibliography of [9] shows that these concepts have drawn the attention of numerous authors (cf. also [2] , [3] , [6] , [8] , [10] , [15] ).
For completeness, we recall the following definitions :
(1) A is von Neumann regular if, for every a £ A, there exist b £ A such that a = aba. It is well-known that A is von Neumann regular iff every left (right) A-module is flat (iff every left (right) A-module is p-injective). The concepts of complement submodules, essential extensions, quasi-Frobeniusean and pseudo-Frobeniusean rings have been extensively studied for many years (cf. for exemple [5] and [9] ). Also note that a well-knoun result of E. P. Armendariz -J. W. Fisher asserts that a P.I.-ring is von Neumann regular iff it is fully idempotent. 
THEOREM 2. The following conditions are equivalent: (1) A is strongly regular; (2) A is a reduced MELT ring whose simple left modules are YJ-injective\ (3) A is a reduced MELT ring whose simple right modules are YJinjective or flat; (4) A is a left quasi-duo ring whose simple left modules are YJ-injective-, (5) A is a left quasi-duo ring such that 1(b) C r(b) for every nilpotent element b of A and every simple right A-module is either YJ-injective or flat.
Proof. It is easily seen that (1) implies (2) Rings whose simple right modules are either injective or projective need not be semi-prime (cf. for example [15] ). Note that if A is von Neumann regular, then every left(right) A module is Y J-injective. But we are unable to say whether the converse is true.
